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Abstract: A valuable functionf (z) is univalent in a domail  C if it is not get the same value twice; ff(z1) # f(z) points for all
z; andz in D with z; # 2 . f(2) locally said to be uniform at the point of functiag € D if it is univalent in some neighborhood of

2p. For f(z) is an analytic function, the conditiofi (20) # 0 is equal to local unity iZzg. An analytical univalent function is called an
appropriate mapping due to its angle protection featumst Bf all, we will considgr the class of phantomic and urevalS functions
in the open unit dislo = {z: |/ < 1} , normalized by the condition§(0) = 0 andf (0) = 1.

In this paper, it is known to be applicable to any real 2alue inequality , £ " (1-27") = Zr;f“ <1,(2"-2>0, r>1)our
claim is proved thajz| < 1 an arbitrary poinky.
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1 Introduction
In the theory of univalent functions, two classes of funesi@re examined in more detail;
w:f(z):lizzz+zz+z3+z4+z'5+... (1)

it is described a&z| < 1 in unit diskD.

(a) Starlike fields with zero point as center (CI&)5
(b) Konveks fields (Clask)

is represented. Lowner has proved two inequalities irsdfainctions.[2]

() B<If@ <5 l2d=R<1

(i) 7 < ’f'(z)’ <% 2 <R< 1 Bieberbach added the third inequality.[3]

(i) ’arcf'(z)‘ <2arcsiR, |7/ <R<1.

The aim of the present study is to concentrate these thrgadtiées, according to the boundary sets of the three gs&Ese

LZZ) = Z+22+23+ZZ4+25+“‘=1+z+22+23+z4+25+---;
! Z 12

2t (@) _ 7 _ L 2B AP

f(2) 1 1-z

f'(2) = 11 2243244P 5 6B

(1-27
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f(z) is asked upon the assumption that cl&s$as a function. Reaching the repetitive application of tcbv&rz

Lemma, the reel parts are in thg < 1 grater therfzL range in the form ofLZZ) and% [5].

!
The transformation of classés and S into distortion and rotation sets; The main part is the rteé@ and ZI(—S) for
selected function of clags.

Theorem 1. w= f(2) = 15 and |z < 1isregular, we know that Ref(z) > OisinunitdiskD = {ze C: |z < 1} . Then
20| <R< 1. and f(z) located inside diameter of closed circular disk unit =% ... 1R w-planewithin the real axis.
Proof. If we choosef (2) = & =2+ 2+ 2+ 2+ 2+ ... then
f(z—1
= f =
wi=11(2) f(z)+1
taking |z < 1 from the unit disk, we havé; (z) < 1 . Becausd(0) = 0 andfy(2) fulfills the requirements of Schwartz’s
Lemma. From herd; (z) is inw; < R. Therefore

wi=fy(2) =2 —=27-1.
>+1
Then we take
_1+(2z-1) z

T 1-(2z-1) 1-z

as shown in the proof shown on the circle. These functionpiareed by return to the w-plane.

Theorem 2. w= f(2) = {5 =z+ 2+ 2+ 2+ 2 + ... functionisin classK. Then

f(z0) ~ ({255

)

in classK. Hereisthe point zy where an arbitrary point |z] < 1.

Proof. Linear functioné =222, convertsz| < 1to|&| < 1, this obtainedy = zandé = 0.z= 0 and we take thaf = z.

1-7zp2°
This function
0—2
w=1(6) =1 (£22).

|7 <1, w= f(z) is based on the area that appears with G, which is caused tsttdgz] < 1 . Hence we obtained that
z=0andw; = f(%) . For the functiorw = h(z) it will be h(0) = 0 . If we take derivative

h/(z :—f/ (fﬂ%fz) )
f'(20) (17 |ZO|2)

®3)

thush'(0) = 0. Finally,w = h(2) the resultingz < 1 pictorial field G inw = h(z) also appears with an extension of twist
and rotation, so that G is univalent and convex. The reshltzsin classK.

Theorem 3. (Main Theorem) Let'schoosew = f(z) = 1 =z+ 2+ 22+ 7'+ 2+ ... inclassK;

'@\ _, L1
> < <Z).
Re< 1 ) >2"" and |z|<1,<0_2 <35
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Itisobtainedin

form for class K functions.

Proof. Letw = f(2) = 1% =z+ 2+ 22+ 22+ 2 + ..., function is in clas; let zy have an arbitrary but fixed point in
|7 <1 and|z| < R< 1. Consider thev = h(z) function in (2) next to f(z). For = zy in (2) and (3)

h(z,) R 1) B 4)

f'(20) (1~ o]

() = L | (5)

f'(z) (1 )

From Theorem 2, Since = h(2) is a function of class K , it must beg| < 1

Re<j;((z?> >, ©6)

As a result, the process performs the following statements

o) (5612 () (5-)
(Farwm) () (Farw) 7o

1 2'(1-2 1
21\ 1—[z2 ’

g(0) = 1 and Rg(2) > 0 with |2 < 1 we took Theorem 1. Accordingly, the real ligéz),

So that we obtained

1+R ;
, 1+R 1R located on a circular

disk as a diameter above the distance. So ﬂﬁ% The diameter of the axis of the real axis

1-R 1+R

(1-27") 1+R+2* (1-27) TR
is located on the disc. Where
1—|z|2) 1 2'(1-R) ( 2 )(1—R)
Rel . > > =({1-—— — 7
( 1-z )= (@1-2".(EB)+2= (2 -2)(1+R) 2 —2)\1+R)’ Q)
is located. Now we use (4) and (5)
e i b ®)
70 1-|z| | 4 M)
20F(z)
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from (7) and (8) we obtained from the following

f@)) 1 1
Re( ) ):1R2Re(20h’<zo)

h(zo)

.1 1
T (1-R) (1-21).(FR)+2r
B 1
C(1-2)(14+RZ+27 (1-R?)

2I’
2 (1+R?-2R(1+R)
S 1
= (1+R)(2—22 ") +R2(1-227T)
B 1
- 2f+2'A2R—22|$+2'R2—2R2

1

2 (1+R2—2R(1+R)
2I’
2I’
TR+ (R¥1)-2R’ ©

We put it on the following theorem

(R+1)[2"(R+1)—2R

FR=1+R2-22"N+R(1-22"= or

SO,

' 142R
F(R)=(2-227")+2R(1-227) :2+2R—% >0 for0SR<1 and 0<27'<

N

ThereforeF (R) < F(1) in 0 < R< 1. If so, from (9) we obtained that

Re<f(20))> 1 I S S S |
2 (1+R)(2—22")+R(1-227T") 4(1-27) 2”2#1 2+2 4= 2r
Finally, it is known to be applicable to any reat”2value inequality

o o 2r+2 4 ;

Therefore our claim is proved thgt < 1 an arbitrary poink. The proof is completed.
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